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The Existence (and Non-existence) of

Abstract Objects

Richard G. Heck, Jr.

3.1 TWO PROBLEMS

As George Boolos (1998, 128-129) once remarked, much of our ordinary
discourse seems to involve reference to abstract objects. It’s not just num-
bers and sets, though we do talk about them. We talk also of sentences: How
many and what words they contain; how those words are spelled and pro-
nounced; whether they were uttered on certain occasions. We talk of books,
like Die Grundlagen der Arithmetik: We read them; talk about what sentences
they contain; and argue about what is and is not said in them. One might
almost be tempted to say that abstract objects are all around us, but for the
fact that they aren’, since they aren’t located in space.! It is this that gives rise
to the ontological and epistemological problems that abstract objects pose. If
abstract objects are not even spatial, they presumably cannot cause anything
to happen. And for that reason, among others, we can have no perceptual
contact with them. The notion of perception, however, seems to play a fun-
damental, grounding role in philosophical theories of reference to concrete,
spatio-temporal objects, and in theories of knowledge about them. How, then,
unless we follow Godel (1990, 268) and suppose that we have “something like
a perception” of sets and other abstract objects, can we explain our capacity
to make reference to them or to have knowledge of them?? One does not
have to commit a fallacy of hasty generalization,® supposing oneself to have

LAt least, that’s what one normally supposes. But, as David Lewis once warned, one should
be careful not to slide from “we don’t know where they are” to “we know they aren’t anywhere”.

2Charles Parsons’s (1980) notion of ‘quasi-concrete’ objects might of course be helpful here,
and it is, in many ways, I think, continuous with the Fregean ideas to be discussed below.

31t is a standard reply to arguments for nominalism that proceed from premises about causal
conditions on knowledge that they commit this fallacy. These arguments of course derive, in
the contemporary literature, from Paul Benacerraf’s ‘Mathematical Truth’ (Benacerraf, 1973).
Versions of the reply can be found in Wright (1983, $xii), in Lewis (1986, §2.4), and in Burgess
and Rosen (1997, 35-37). For a recent defense of the claim that such concerns should still be
taken seriously, see @Qystein Linnebo’s ‘Epistemological Challenges to Mathematical Platonism’
(Linnebo, 2006).
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proven that reference to abstracta is impossible, and that we can have no such
knowledge, to find these questions pressing.

I am attracted to the following sort of view, which has its origins in Frege
(1980, §§62ff). These problems will seem insoluble so long as we insist upon
trying to explain directly, so to speak, how we come into cognitive contact
with abstract objects. What we ought to do instead is to focus our attention
on complete judgments we make about such objects. Rather than attempt to
say directly how we are able to make reference to the number six, that is, we
should begin by considering the meanings of complete sentences, such as “Six
is not prime”. Frege’s thought, embodied in his famous context principle, is
that, if we can explain the meanings of all sentences in which the word “six”
occurs, there will be no further question what the meaning of that word is: If
we can explain how we are able to understand sentences containing the word
“six” as having the truth-conditions they do, there will be no further question
how we are able to make reference to the number six.

Of course, simply saying that there will be no further question does not
make it so. The problem facing Frege’s interpreters, and those who would
follow him here, is that of saying how explaining the meanings of sentences
containing the word “six” answers the question how we are able to refer to six.
This is, in part, because of the gap between meaning and reference. As Dum-
mett (1981, ch. 14) was the first (but hardly the last) to point out, the most
natural reading of the context principle—which Frege states in terms of an
undifferentiated notion of ‘content’—makes it one about sense: The sense of
a term is exhausted by the contribution it makes to determining the senses of
complete sentences in which it occurs. Understood as a thesis about reference,
the context principle is much less obvious. That, however, is the form in which
we need it. And it is just far from obvious why the fact that “six” contributes
in some regular way to the senses of sentences in which it occurs should even
seem to imply that it has a reference of its own. Russell (1905) insisted, fam-
ously, that descriptions* have no meaning of their own, even though they do
contribute regularly to the meanings of sentences in which they occur. Why
should “six” be any different? Dummett pushes this sort of question quite

hard.?

4And other quantificational phrases. This point seems to me often to be missed. But if one
wants to understand what Russell means when he says that descriptions have no meaning of
their own, then one ought first to focus on what he means when he says that “every man” has
no meaning of its own, but makes a regular contribution to every sentence in which it occurs.
Russell’s point is the now familiar but then revolutionary one that quantificational phrases are
not names, and they do not refer to strange entities called variables. Russell’s enthusiasm for the
point was no doubt connected with the fact that it cleaned up the mess that was his view of
quantification in the Principles (Russell, 1903), on which (what we now call) quantificational
phrases referred to a bewildering variety of variable entities.

5In some ways, the present chapter is my attempt to get at what was bothering Dummett,
which is, I think, independent of the correctives issued in Wright's (1983, §x) reply.
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Frege’s proposal is most easily developed in the sort of case with which
he introduces it, the case of what we may call #pes: Abstract objects that are
essentially of certain other objects, the types’ zokens. Reference to such objects
is to be thought of as made, most fundamentally, by means of expressions
of the form “the direction of the line ¢” or “the word-type of the inscription
w”. The meanings of sentences containing such expressions are then to be
explained in terms of a so-called abstraction principle. Consider, for example,
terms referring to such objects as Die Grundlagen der Arithmetik. 1 shall call
these objects editions, since the English word “book” can refer either to tokens
or to types. Thus, Die Grundlagen is an edition, and the physical copy of Die
Grundlagen presently sitting on my desk is what I shall call a book.

Frege suggests that the first task is to explain the meanings of identity state-
ments involving such expressions.® To do this, we must find an equivalence
relation RN that holds between two books just in case they are copies of the
same edition, whence the sentence “the edition of book a is the same as the
edition of book b” may be explained as being true just in case book a bears
this relation to book b. That is:

edn(a) = edn(b) = Rab

Similarly, the meanings of sentences such as “The edition of book a is short”
are to be explained by finding a predicate “S¢” that is true of a book just in
case its edition is short. Thus:

short(edn(a)) = Sa

Similar clauses are needed for two- and more-place predicates.

A number of problems arise immediately. One might think, for example,
that there is no guarantee that we will actually be able to find such an equi-
valence relation and such predicates. This is a problem, however, only if we
require that they be definable in terms that do not involve the notion of an
edition. But they need not be. That zhere is an equivalence relation that holds
between any two books just in case they are copies of the same edition is obvi-
ous, namely: the edition of £ is the same as the edition of 7. Whether this can
be defined in terms that do not involve editions is irrelevant.” What matters
is whether one can come to understand an expression denoting this relation
without antecedently being able to refer to editions. And one might do so by

6Frege’s own attitude towards the proposal is actually quite unclear, since he goes on to raise
an objection to it that he seems to regard as conclusive, the Caesar objection (Frege, 1980, §66).
Then again, Frege seems to emphasize the import of the basic idea in his summary of the book’s
results (Frege, 1980, §107).

"The older literature on nominalism takes this question to be central. That it isn’t was made
clear to me by Wright (1983, §v). In the present context, the issue is not so critical, since both the
neo-Fregean and the nominalist need such an equivalence relation: the neo-Fregean, to explain
names of editions; the nominalist, to eliminate them. There is further discussion of this issue in
‘Syntactic Reductionism’ (Heck, 2000, 135fF).
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the direct method, by ‘immersion’, rather than by having it defined in simpler
terms. That is not to say that there are no interesting problems that arise in
connection with the explanation of the relevant equivalence relation, of the
‘criterion of identity’ for the objects in question: It is simply to say that the
apparent difficulty, or even impossibility, of defining the relation in terms that
do not involve editions does not itself count as an objection to the Fregean
approach.

Still, there are problems of principle facing the neo-Fregean project. It is
not, for one thing, obvious how it differs from certain sorts of reductionist
programs. Neo-Fregeans take the availability of such abstraction principles to
show us how reference to abstract objects is possible. But reductionists might
equally take the availability of such principles to show that terms purporting to
refer to such objects can be eliminated, since we seem to have been told how we
could ‘say the same things’ we ordinarily say using sentences containing names
of editions without using any such names. One might wonder, however, why
the possibility of eliminating names of editions should even seem relevant.
The most it can imply is that we ‘need not’ make reference to editions for
some purpose or other. But the challenge, at least initially, was to explain how
we can make reference to abstract objects, not why we must.

But, as I have argued elsewhere (Heck, 2000, §4), abstraction principles
do not, in fact, enable us to eliminate expressions that purport to refer to
editions. We have not yet considered how quantification over editions is to
be handled. And, while first-order quantifiers do not pose a problem, there
are non-first-order quantifiers—such as “most”, “few”, and the like—that do.
Consider, for example, the sentence “Most editions are short”. Obviously, the
following will not do as an analysis:®

Most editions are short iff most books are short.

For it might well be the case that most books are short, there being many
more copies of short editions than of long ones, although most editions are
not short. To get the truth-conditions of such sentences correct without mak-
ing explicit reference to editions, we need to consider a collection of represent-
ative copies of editions, one and only one for each edition:? If most of these
representatives are short, then most editions are short, and conversely. More
generally, what is required is a functional expression ¢ (&) which, given a book
as argument, returns as value the representative copy that bears R¢n to it.!0
We then have the following:!!

8Here, I am using “short” ambiguously, to refer to a property of editions and also to the
corresponding property of books. Nothing, of course, turns on this.

9There are other ways to proceed, but the differences turn out to be superficial (Heck, 2000,
141ff).

10That is, ¢ must satisfy: R(x, ¢(x)), which implies: p(z) = ¢(y) = Rxy.

1Here, “most” is a binary quantifier: “(Most z)(Fz; Gx)” means: Most Fs are G.
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Most editions are short iff (Most z)[3y(xz = ¢(y)); short(x)]

Similar analyses will work for the other cases.

The attempt to eliminate apparent reference to editions therefore fails. The
formal properties of the functional expression () are all but indistinguish-
able from those of edn(€): Hence, terms of the form ¢(a) are all but indistin-
guishable from those of the form edn(a). In fact, the only relevant difference
between ¢(¢) and edn(§) is that the range of the former consists of repres-
entative copies; that of the latter, apparently, of editions. Similarly, the only
relevant difference between ¢(a) and edn(a) is that the former refers to a rep-
resentative copy; the latter, apparently, to an edition. The disagreement there-
fore concerns not whether names of editions are referring expressions—nor,
irrelevantly, how those names are to be spelled—but 20 what they refer.

The fact that it is impossible to eliminate expressions that purport to refer
to editions does not, therefore, imply that it is not possible to eliminate refer-
ence to editions: One could hold that names of editions denote, not abstract
objects, but representative books. Indeed, that may not even be the best way to
put it. Surely editions are just whatever names of editions denote. If so, then,
on this view, editions just are books. We are thus left, quite generally, with
the question whether editions are books; whether word-types are their tokens;
whether either is instead an equivalence class; or what have you. Following
Dummett, I call this problem the problem of trans-sortal identification.**

There is another, related problem. Equivalence relations are not hard to
come by. Let Q&7 be an equivalence relation, chosen completely at random:
It might, for example, have as one of its equivalence classes the set contain-
ing each of my shoes, my daughter Isobel, Brown Unviersity, and some other
things. We can now introduce names purporting to stand for objects of a cer-
tain sort, call them duds, just as we introduced names of editions:

dud(a) = dud(b) = Qab

But are we really to believe that there are such objects as duds? I, at least, have
a reasonably strong intuition that there are no such things. This problem I call
the proliferation problem.'3> One might reply that the existence of duds follows
trivially from the explanation given of names of duds: According to that ex-
planation, dud(a) = dud(b) = Qab; but Q&n is an equivalence relation, so
certainly Qaa;'* so, trivially, dud(a) = dud(a) and so by existential gener-
alization, 3z(z = dud(a)). Moreover, the argument recently rehearsed, that

12Note that the problem of trans-sortal identification is 7oz, as I understand it, the Caesar
problem. It is one aspect of the Caesar problem, but the Caesar problem has more heads than the
hydra.

13This problem is mentioned at the end of ‘Syntactic Reductionism’ (Heck, 2000), but it was
not developed there. It is mentioned by Hale and Wright in the postscript to 7he Reasons Proper
Study (Hale and Wright, 2001a, 423—424), where it is treated somewhat dismissively.

140Of course, Q€n need not be a full equivalence relation. It need only be symmetric and trans-
itive, and reflexive on its domain. But we can account for that easily enough.
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expressions introduced by abstraction must be construed as referring expres-
sions, applies here. So it is hard to see how we can avoid the claim that duds
exist. And therefore, the reply might conclude, whatever intuition we might
have that there are no such objects as duds ought just to be abandoned in the
light of theory.

My worry, however, is that this seems to make the notion of an object, and
the conception of what it is for an object to exist, so thin that the resulting view
does not obviously deserve to be regarded as any form of realism. Editions,
directions, word- and letter-types are all said to ‘exist’ all right, but they ‘exist’
in no more robust a sense than duds do, not to mention all the other objects
whose names could be introduced in terms of random equivalence relations.
In so far as we have an intuition that these latter objects simply don’t exist, any
view that affirms that they do will seem to deny that word- and letter-types
exist, even while it affirms our right to say that they do.!®

The worry, then, is that it is becoming difficult to distinguish the neo-
Fregean view from what one might call a ‘permissive’ nominalism. Permissive
nominalists are perfectly happy to let us ‘speak of abstract objects’, so long as
we do not take their existence seriously.'® And what makes this all the more
troublesome is that permissive nominalism is not just the most resilient form
of nominalism but one of the oldest. It is, for example, what one finds in
Berkeley and Hume. Their view was not so much that we should not talk
in ways that seem to make reference to abstracta, but that what passes for
thinking about the abstract is really just abstract thinking about the concrete.
Thus, Berkeley writes:

... [S]uppose a geometrician is demonstrating the method of cutting a line in two equal
parts. He draws, for instance, a black line of an inch in length: this, which in itself is a
particular line, is nevertheless with regard to its signification general, since, as it is there
used, it represents all particular lines whatsoever; so that what is demonstrated of it is
demonstrated of all lines, or, in other words, of a line in general. And, as that particular
line becomes general by being made a sign, so the name “line”, which taken absolutely
is particular, by being a sign is made general. And as the former owes its generality not
to its being the sign of an abstract or general line, but of all particular right lines that
may possibly exist, so the latter must be thought to derive its generality from the same
cause, namely, the various particular lines which it indifferently denotes.

(Berkeley, 1930, 14-15, empbhasis in original)
Berkeley would thus have been perfectly happy to let us talk of editions and
even to say that there are such things as editions. The truth of such a claim, for
him, is a more or less immediate consequence of facts about how ‘talk about
editions’ is to be understood. It is, in particular, a more or less immediate
consequence of the fact that there are books and a suitable equivalence relation
on them.

Neo-Fregeans have tended to reply to this kind of remark by saying: Ex-
actly! Their view is that there is no ‘metaphysical distance’ between, on the

15Compare Lewis (1999) on Meinongian views of existence.
161t is this sort of view that I take to be the one defended by Dummett (1981, ch. 14).
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one hand, the fact that there are books and a certain equivalence relation on
them and, on the other hand, the fact that there are editions; the former is
supposed to be entirely sufficient for the latter. And if one wants to say that
we now seem to be at stalemate, then neo-Fregeans have generally regarded
that as good enough, insisting that the burden of proof is on their opponents.
But is it really? Too much seems to depend on which case one takes to be ex-
emplary. The neo-Fregean wants to say that we should take reference to duds
as seriously as reference to editions, intuitions to the contrary be damned; the
permissive nominalist wants to say that we should take reference to editions
no more seriously than we take reference to duds. But the former perspect-
ive is the right one only if the neo-Fregean explanation of names of editions
has accomplished what is claimed for it. Only if we assume that the explan-
ation in terms of abstraction principles has succeeded in explaining reference
to editions are we under any obligation to assume that the parallel explana-
tion must have succeeded in explaining reference to duds. And that can’t just
be assumed, no matter who has the burden of proof. Indeed, the objection is
precisely that the parallel explanation does 70# explain reference to duds, since
there are no such things, whence the original explanation can’t have explained
reference to editions, either. To suggest that we should simply set the intuition
that there are no such things as duds aside is to suggest that we should simply
assume the correctness of the neo-Fregean account.

So what might a fan of the neo-Fregean approach do? The classical form of
neo-Fregean view, developed by Bob Hale and Crispin Wright, and which I
shall henceforth call Naive Platonism, is that all terms introduced by abstrac-
tion refer, and refer to abstract objects. The view that such terms refer all right,
but that none refer to abstract objects, is what I shall henceforth call Semantic
Reductionism. And the view that such terms do not refer at all is what I shall
call Fictionalism. What I want to explore is the possibility of a more discrim-
inating view, according to which some though not all expressions introduced
by abstraction refer to abstract objects.!”

In the next section, I shall begin searching for such a discriminating view
by exploring the differences between the cases of duds and editions. By the
end of Section 3.2, I hope to have formulated a position naturally described
as between Naive Platonism and Semantic Reductionism. In Section 3.3, how-
ever, | shall offer various reasons for dissatisfaction with this position. These
criticisms will lead us to a new position, one whose statement requires only
a minor reformulation of the original one—almost just a shift of emphasis.
This view is better described as between Naive Platonism and Fictionalism.

If such a view can be found and properly motivated, then whatever serves
to motivate it will also serve as the raw materials for an argument against all
three of the alternatives I mentioned. Each of them will stand charged of ignor-
ing the differences we will have identified: of treating all abstraction principles

17Some such view may in fact be that of Hale and Wright. It depends upon how exactly their
response to the Caesar objection is ultimately developed.
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the same, when they ought to be treated differently. I will not, however, be
attempting to complete that argument here. We will have enough to do just
to describe the middle ground.

3.2 SEMANTIC REDUCTIONISM AND PROJECTIBLE
PREDICATES

According to Semantic Reductionism, names apparently of abstract objects do
not refer to abstract objects, but to objects of some concrete sort. To evaluate
this position, we need an account of what determines the sort of object to
which a proper name refers. There is obviously no way that we are going to
answer that question in full generality here. I shall limit attention to the case
of terms purporting to denote types, expressions which are, according to the
neo-Fregean approach, to be explained viz abstraction principles.

Many who have discussed this question have attempted to characterize the
sort of object to which a term refers in terms of the criterion of identity associ-
ated with that term, that is, in terms of the equivalence relation mentioned in
the abstraction principle. The simplest such view is that the sort of object to
which a name refers is wholly determined by the criterion of identity, whence
no names with distinct criteria of identity can refer to objects of the same sort
(Hale, 1988, 215). It is important here that the notion of a criterion of iden-
tity be intensional, in the sense that substitution of a co-extensive relation for
the equivalence relation mentioned in the statement of the abstraction prin-
ciple need not preserve its status as a correct specification of the criterion of
identity for the objects in question. Otherwise, objects introduced by different
abstraction principles might be of the same sort in one world—in which the
equivalence relations were, purely accidentially, extensionally co-incident—
but not in other worlds, and that seems bad.

This simple view would arguably imply that editions are neither books nor
sets, but are suz generis. Identity statements of the form “edn(a) = edn(b)” are
true if, and only if, as I shall henceforth say, a copies b: The identity of sets,
however, is determined by sameness of membership; the identity of books, by
something else still. But consider these abstraction principles:!'®

dir(a) = dir(b) =a || b
dor(a) = dor(b) = Iz(alz AbLx)

It seems to me that ‘dorections” might well be our old friends directions. Per-
haps they are distinct, but any principle that immediately entails that we can-
not identify them is too strong.

The simple view can be weakened: Wright's generalization of his condition
N? is an example of such a weakening. Suppose that Fz is a sortal concept,

18For simplicity, I assume here that we are dealing with two-dimensional Euclidean geometry.
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and that names of F's have been explained by means of an abstraction prin-
ciple formulated in terms of some equivalence relation R¢n, which itself holds
between objects of sort S. Then, Wright's proposal is:

Gz is a sortal under which [F's] fall if and only if there are, or could be, terms, “a” and
“b”, which recognisably purport to denote instances of Gz, such that the sense of the
identity statement, “a = b”, can be adequately explained by fixing its truth-conditions
to be the same as those of a statement which asserts that the given equivalence relation

[R¢n] holds between a pair of objects [of sort S]. (Wright, 1983, 114)

To put it slighly differently: F's may be identified with Gs if, but only if, iden-
tity statements concerning some G's may be explained in the same way that
identity statements concerning F's are explained. In particular, the F's will
be identifiable with objects of sort S if, and only if, identity statements con-
taining names of some objects of sort S may be explained by means of the
abstraction principle in terms of which names of F's are to be explained.'’

This proposal probably resolves the problem of directions and dorections.
Identity statements of the form “dor(a) = dor(b)” plausibly can be explained
in terms of the parallelism of the two lines a and b. Bug, in fact, that isn’t
at all clear, in large part because the notion of explanation to which Wright
appeals is not very clear. And that makes it hard to know how to apply Wright’s
proposal in general. We may presumably take the names which “recognizably
purport” to refer to sets to be those of the form “the set of books that copy £”.
Is it or is it not possible to ‘explain’ the senses of statements of the form “the
set of books that copy a = the set of books that copy b” in terms of “¢ copies
n”? Or consider terms of the form “the oldest extant copy of £”. Does

the oldest extant copy of a = the oldest extant copy of b iff a copies b

count as an explanation of identity statements involving these terms? Maybe
one has intuitions about the matter, but one would like more than a brute

appeal to intuition. For this reason, I shall offer a different sort of solution,
leaving open the question to what extent it is compatible with Wright’s.?°
Consider the expression “the father of £”. It seems obvious enough that
the father of John is a person. And one might suppose that the fact that John
and Jane have the same father if, and only if, the same male begat them is

what determines that “the father of John” refers to a person. It is, no doubt,

19There seems no reason not to suppose that the converse must also be true: If some F's are G,
then some Gs are F's, so we must, presumably, be able to explain identity statements concerning
(some) F's in the same way we explain identity statements concerning (some) Gs. Of course, since
the condition, as formulated, applies only to sortals introduced by abstraction, we will not be able
to apply it unless G is also such a sortal. But some such converse seems reasonable. And if so,
then Wright’s proposal implies that it will be possible to explain the truth-conditions of mixed
identity statements—such as “dor(a) = dir(b)”—both in terms of the criterion of identity for
directions and in terms of the criterion of identity for dorections. That seems very reasonable.

20The modifications to this view made by Hale and Wright in “To Bury Caesar...” (2001b, §6)
leave untouched its near total reliance upon criteria of identity, though there are points of contact
with the present view, for which see footnote 24.
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of great importance that the father of a = the father of b if, and only if, the
same male begat a and b. But this does not, by itself, entail that “the father of
John” refers to a person. For consider the following expressions:!

e the set of persons who have the same father as John

o the oldest paternal half-sibling of John

e the singleton of the father of John
the location of John’s oldest paternal half-sibling

Each of these expressions has the same ‘weak identity-conditions’ as “the father
of John”: That is, the reference of any one of these expressions will remain
unchanged when we substitute a new name for “John” if and only if the same
male begat John and the person whose name is substituted for his. But not all
of these expressions refer to objects of the same sort, and those which do refer
to different objects.

A similar point applies to names of editions, as the following set of ex-
amples shows:

e the edition of book a
e the oldest extant copy of book a
e the set of books that copy book a

Again, substitution of the name of any book that copies a will leave the refer-
ent of each of these expressions unchanged; and on/y the substitution of such
names will do so. Nonetheless, not all of these expressions refer to objects of
the same sort: One refers to an edition; one, to a book; one, to a set.

The point I am illustrating with these examples can be stated precisely. Let
©(&) be a function from objects of sort S to objects of sort T' (not necessarily
different from S). Then ¢(§) induces an equivalence relation ®¢n on objects
of sort S, which we define as follows:

day L o(z) = p(y)

Distinct functions from S to T' induce the same equivalence relation, as do
various functions from S to sorts 7" distinct from 7'. There are thus many
distinct functions on S that have the same weak identity-conditions.

There can thus be no objection to our introducing a functional-expression
which will satisfy the abstraction principle by means of which names of edi-
tions are explained and whose range will consist of books, or sets, or objects of
many other sorts. In principle, a Semantic Reductionist could hold that names

21This kind of point has the status of what mathematicians call ‘folklore’. I first heard a version
of it made by Dummett in his 1989 Hilary Term lectures on Die Grundlagen. Dummett remarked
that if (what I am calling) weak identity-conditions determine the sort of object to which a name
refers, then it is philosophically confused to think that the eccentricity of an ellipse is a real
number (Dummett, 1991, 162-163). I heard Lewis make points in the same vicinity at MIT
a few years later; Warren Goldfarb once mentioned a similar example to me; and it surfaces in
a paper by Sullivan and Potter (1997, 139ff). It is discussed by Hale and Wright in “To Bury
Caesar...” (2001b, 375fF).
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of editions refer to just about anything: People, rocks, trees, books, or sets, so
long as there are enough of them to go around. But the most principled such
views are that names of editions refer to representative copies and that they
refer to equivalence classes. The latter option is of course not one acceptable
to a Nominalist (unless she has a Nominalistic treatment of set-theory wait-
ing in the bushes).?? So I shall focus attention on the former proposal, that
“edn(§)” is a functional-expression whose range consists of actual, physical
books. What we need to ask now, then, is what, if any, features of the use
of this expression are sensitive to the sort of object in its range: We need to
ask, that is, what difference it would make if expressions like “Ulysses” actually
were treated as referring to books.

Suppose, then, that “Ulysses” really does refers to a particular, physical
book. That book must have some physical location; one of its pages might
be torn; someone probably owns it; perhaps someone is holding it at this very
moment. If that book is the reference of “Ulysses”, then some such sentences
as “Ulpysses is in Texas”, “Ulysses has a torn page”, and so forth, must be true.
That seems very odd. Some of the oddity can be avoided if one takes a slightly
different view, one that actually seems implicit in the passage from Berkeley
quoted earlier: Instead of saying that “Ulysses” denotes some particular one of
its copies, we should say that it “indifferently” denotes each of them, a view
naturally explained in terms of supervaluations.?® The sentence “Ulysses is in
Texas” would then be true only if every copy of it were in Texas; false, if none
were; and neither true nor false, otherwise. Still, though, “Ulysses is on planet
Earth” will probably come out true. And it is perfectly possible, though un-
likely, that “Ulysses has a torn page” should also be true.

One does not usually think of such sentences as having even the remotest
chance of being true. There is, indeed, a temptation to deny that these sen-
tences so much as make sense, on the ground that they involve some kind of
category mistake. But, as Frege in effect remarks, there is nothing to prevent
us from saying such things as that Ulysses has a torn page, meaning by this that
every copy of Ulysses has a torn page, if such a way of speaking should seem
useful (Frege, 1980, §69).

Still, there is a felt difference between these sorts of claims and the claim
that Ulysses contains the word “dog”. The intuition that there is such a differ-

22 Another option that might be popular in some circles would be to take a name of a type to
be the fusion of its tokens. One might then justify the existence of types by appeal to unrestricted
mereological comprehension. This view is of course vulnerable to the objections to be developed
below, since it too treats all abstraction principles the same way, but there is a more specific
worry about it, too, namely, that it is demonstrably false in some cases. Consider directions (in
the plane again, for simplicity). The fusion of all lines parallel to any given line a is the whole
plane—assuming, as seems reasonable (at least on the view we are considering), that lines and
planes are both fusions of points. But then all lines have the same direction.

23 A view of this sort has been elaborated and defended by Hodes (1990). It is because of the
availability of this view that I suspect the sort of modal differences explored by Uzquiano (2005)
will not do all the work needed here.



“Abstractionism_OUP” — 2016/11/15 — 16:08 — page 61 — #67

The Existence (and Non-existence) of Abstract Objects 61

ence is presumably what is behind the intuition that expressions like “ Ulysses”
do not refer to books. This difference has nothing to do with abstract ob-
jects as such. There is a similar difference between saying, of Frege, that he
had blue eyes and saying, of Frege, that he had only blue-eyed children. The
temptation here is to say that, in the former case, though not the latter, one
is speaking of a property of Frege: It is a property of Frege that he had (or did
not have) blue eyes; it is no property of him, in this strict sense, that he had
(or did not have) only blue-eyed children. This distinction—between ‘real’
and ‘merely Cambridge’ properties—is infamously difficult to explain clearly.
Present purposes, however, require only that it be explained for the case of
types, and that is a good deal easier.

There is much that can be said about books: That they are dirty, that they
have some mass, that they contain an inscription of some word, and so forth.
There are, that is, many predicates that can sensibly be attached to names
of books. Of these predicates, some play a special role in our talk of editions:
Those that are satisfied by a given book if, and only if, they are satisfied by every
book that copies it. More important still are predicates whose satisfaction, by a
given book, can always be determined even if one does not know which other
books copy it. Predicates like “contains an inscription of the word ‘dog™ are
of this kind: One need not know which other books copy a given one to be
able to determine whether that book satisfies this predicate; knowledge that
a given book does satisfy it suffices for knowledge that every other copy also
satisfies it. It is because there are such predicates that our ordinary practices
involving editions are possible. Scholarly discussion could not be carried on
as it is if one had to stop, every time one wanted to make a claim about what
is said in Die Grundlagen, to determine what copies of it exist, what is said
in them, and so forth. (For much the same reason, one can read an edition
without reading any single copy of it, but rather parts of different books.)
Borrowing a term, let us call such predicates as “contains an inscription of the
word ‘dog’” copy-Projectible predicates of books.

Why think that predicates of types that are introduced in terms of Project-
ible predicates of tokens should express properties of the types??4 The allusion
to projectibility,?® as that notion is employed in the philosophy of science, is
intentional. Projectible predicates are ones whose satisfaction by a particular
sample of a substance, or by a particular member of a species, in some sense
implies its satisfaction by all samples and all members. It is natural, for that

24Note that the idea that it matters whether there are Projectible predicates of the tokens sub-
sumes the proposal made by Hale and Wright (2001a, 424 footnote 8) that it matters that the
equivalence relation itself should in some sense be projectible: that we should know how to extend
it to non-actual things. That is a clearly a weaker requirement than the one considered here, but it
is very much in the same spirit. The idea that modal considerations might be relevant also surfaces
in “To Bury Caesar...” (Hale and Wright, 2001b, 357ff). Similar ideas have surfaced elsewhere,
t00.

251 shall capitalize my term “Projectible” to remind the reader that I may or may not be using
it in its usual sense.



“Abstractionism_OUP” — 2016/11/15 — 16:08 — page 62 — #68

62 Richard G. Heck, Jr.

reason, to think of these predicates as expressing properties of the substance
or species itself. There is a clear analogy between such predicates and ones
that are Projectible in my sense. Properties of the type, in this sense, do not
depend upon what tokens happen to exist (just as properties of a substance
should not depend upon what samples happen to exist):?® The creation or de-
struction of particular tokens will not, on this analysis, affect what properties
Ulysses has—though it might affect whether it has only copies with torn pages.

There is another, more technical reason to think that Projectible predic-
ates of tokens are especially important here. To over-state the point slightly:
Only if a predicate of types is explained in terms of a Projectible predicate
of tokens is it possible to make genuinely informative applications of Leib-
niz’s Law involving that predicate of types. Consider sentences of the form
“F(p(a))” and “F(p(b))”, where REn is the equivalence relation figuring in
the abstraction principle for “p(&)”. If the predicate “f(§)” in terms of which
“F(&)” is explained is not R-Projectible, then determining whether “F(p(a))”
is true will, in general, require one to know which other objects bear REn to
a and whether those objects satisfy “f(£)”. One will, in the course of determ-
ining whether “F(¢(a))” is true, therefore have to go through essentially the
same procedure one would have to follow to determine whether “F(¢(b))”
is true: In particular, one will (normally) have to determine whether Rab.
If (a) = ¢(b), then one will then have all the information necessary to de-
termine whether “F(¢(b))” is true—though, of course, one need not draw the
conclusion explicitly and may not even realize as much. By contrast, if “f(£)”
is R-Projectible, one can determine whether “F(¢(a))” is true simply by de-
termining whether f(a): In particular, one need not know whether Rab or
whether f(b). Hence, discovering that Rab—that is, that ¢(a) = ¢(b)—can
lead to genuinely new information.

Why should that matter? The possibility of informative applications of
Leibniz’s Law seems to me to be bound up with the independence of an object
from our ways of conceiving it. That we can know that the direction of a is
such-and-such without being in a position to know whether the direction
of b is such-and-such—even if, in fact, dir(a) = dir(b)—suggests not just
the familiar gap between sense and reference but an even more important gap
between our ability to refer to (or think about) the object and the object itself.
To the extent that informative applications of Leibniz’s Law are possible, to
that extent the object will seem independent from our ways of conceiving it,
and hence to that extent its existence will seem to be independent of the fact
that we can conceive of it at all.

To sum up, then, in so far as we have an intuition that, say, “Ulysses” does
not denote a particular copy of Ulpsses, that intuition rests upon the thought

26Tt would be really nice if we could also say: Properties of the type, in this sense, do not depend
upon whether any tokens of the type happen to exist. If so, then the view we are discussing might
also help with what Hale and Wright (2001a, 422-423) call the “problem of plenitude”. But
more work needs to be done here.
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that not everything that can be said about books can be said about Ulpsses.
But, as we saw, that can’t be all there is to the intuition, since we could easily
introduce conventions allowing us to say such things as “Ulysses has a torn
page”, meaning thereby that all of its copies have a torn page (or that some
of its copies do, or that one of its copies does, or whatever). The intuition is
thus more refined: It is that, even if we did introduce such new predicates,
they would not express properties of editions. So the problem became to say
what a property of an edition is, and I proposed that a predicate expresses a
property of editions if it is explained in terms of copy-Projectible predicates of
tokens. And so, to the original question, what determines the sort of object to
which expressions introduced by abstraction refer, my proposed answer is: It
is determined by what predicates of its tokens are Projectible over the relevant
equivalence relation.

In the case of duds, there seem to be almost no Projectible predicates
of the tokens: The randomness of the equivalence relation Q&7 in terms of
which names of duds were introduced essentially guarantees that there are no
such predicates. That means that the introduction of names of duds would
be largely without point. Any predicate introduced by means of abstraction
must be introduced in terms of a predicate of tokens that is a congruence with
respect to Q¢n: That is, any such predicate must be true of all tokens of a given
dud or else false of all of them. It is easy to produce such predicates. Most of
these, however, will be similar to “¢ has only copies which have a torn page”,
for example: “¢ is such that all objects to which it bears Q&n weigh at least ten
pounds”. Determining whether such a predicate is satisfied by a particular dud
will, in general, require knowing to which other objects a given object bears
Q¢&n. That there would be little point in talking about duds is less important,
however, than why there would be little point: In the sense in which to speak
of someone’s eye-color is to speak about them, and to speak of the eye-color
of their friends is not, there would be almost nothing to be said about duds;
duds will have almost no ‘properties at all, other than being identical with or
different from each other.

Assuming that names of duds refer, then, to what sort of object should
they be taken to refer??” I would suggest that, in this case, we have as yet no
reason to deny that they refer to equivalence classes under the relation Q&n:
What it is true to say of an equivalence class is wholly determined by what
is true of its members; what it is true to say of a given dud will, in general,
be determined by what happens to be true of all, some, most, few, etc., of its
tokens. Of course, that is not much of an argument for the identification. But
we need not pursue the matter, as I shall shortly be rejecting the claim that
names of duds refer at all.

271f we were to say, as Hale and Wright suggest (see footnote 24), that the equivalence rela-
tion used in an abstraction principle must be projectible, then that would dispense with duds
altogether. But we do not yet have any motivation for that proposal, and it does not solve the
problem I will shortly introduce, about day-persons.
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Nonetheless, we have made progress, since the present proposal does at
least illustrate how we might catch what we are chasing: a view that does not
treat all abstraction principles alike. I complained earlier that the going views
seem to me problematic for precisely that reason, that they treat all types the
same way: editions, just like duds; duds, just like editions. That this is true of
the various versions of nominalism is clear enough; that it is true of Wright’s
view, mentioned earlier, is perhaps less so. But Wright’s generalization of N d
so far as I can tell, appeals only to broadly formal features of abstraction prin-
ciples in attempting to specify the reference of expressions introduced by those
principles. If so, then it is hard to see how duds and editions can come apart.
On the other hand, in characterizing the sort of object denoted by names in-
troduced by abstraction in terms of Projectible predicates of the tokens, the
present proposal treats different abstraction principles differently and so offers
us at least a hope of solving the proliferation problem.

All is not well, however. Consider an abstraction principle based upon
the equivalence relation, “¢ was born on the same day as 7)”, by which I mean:
within the same twenty-four hour period, Greenwich mean time. The abstrac-
tion principle is thus:

day-person(a) = day-person(b) iff @ was born on the same day as b

What should we say about the reference of expressions introduced in terms
of this relation? One might be tempted to say that there are going to be very
few Projectible predicates of persons, and so that day-persons too are at best
equivalence classes. But this would be incorrect. Any predicate of days, ref-
erenced to Greenwich mean time, will obviously be Projectible. The obvious
thing to say, then, would be that names of day-persons in fact denote days.
This is a satisfying result, in some ways. One might even wonder what reason
there could be for holding that anything more is going on here than the intro-
duction of an abbreviation for “the day on which £ was born”. On the other
hand, however, the conclusion that names of day-persons simply denote days
is troubling. It isn’t very hard to explain the equivalence relation born on the
same GMT day without making a direct appeal to anything about days. If not,
then it seems something of a surprise that expressions introduced by abstrac-
tion on that relation should end up referring to days.

The sort of worry this example illustrates can be generalized. Let R¢n be
the equivalence relation for a given abstraction principle with base sort B, and
let S be an arbitrary sort of object of which there are at least as many as there
are equivalence relations under R. Now define a function (&) from B to S
that respects R, in the sense that p(a) = ¢(b) = Rab; assume further that
we can do so in such a way that determining what ¢(z) is, for arbitrary z,
does not require knowing to which objects z bears REn. Now let F' be any
property of Ss. Then F(¢(€)) is R-Projectible, in our sense. But, since this
depends only upon how many Ss there are (and our ability to define (&)
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appropriately), there are going to be lots and lots of R-projectible predicates
that express all sorts of different properties, quite independent of what the
base sort is and what the equivalence relation is. Surely, however, such oddly
defined predicates cannot be guaranteed to express properties of the types.

As we characterized the notion above, an R-Projectible predicate was re-
quired to satisfy two conditions: First, that it be a congruence with respect to
Ré¢n; second, that it should be possible to determine whether the predicate is
satisfied by a given token without knowing which, if any, other tokens bear
Ré¢n to it. What we have omitted from the specification of R-Projectibility is
another condition that was really implicit in the spirit of the proposal. The
predicate, “On the day on which £ was born, it was cloudy in London”, was
not the sort of thing one had in mind as day-Projectible, the sort of thing that
will express a property of the types. That, I take it, is because this predicate
does not even express a property of the zokens. So we should add this condition
to our account of R-Projectibility: An R-Projectible predicate must express a
property of the tokens. Indeed, we might just speak not of R-Projectible pre-
dicates, but of R-Projectible properties. And what names of day-persons refer
to will then depend upon what day-Projectible properties of people there are.

The resulting proposal is thus this: The sort of object to which names in-
troduced by abstraction refer is determined by what R-Projectible properties
of the tokens there are. Let us call this proposal the Projectibility View.?® If the
Projectibility View could be sustained, it would apparently imply that names
of day-persons, like names of duds, at best denote equivalence classes, as there
do not appear to be any properties of persons that are suitably Projectible.
And yet, it would allow us to say that names of editions do not denote equi-
valence classes, since there are a large number of copy-Projectible properties
of books; and it would allow us to say that names of editions do not denote
books either, since not all properties of books are properties of editions. So it
is, again the kind of view for which we are searching.

But, once again, all is not well. Are we really certain that there are no day-
Projectible properties of persons? Whether there are is an empirical matter,
not one which can be settled @ priori. On the Projectibility View, then, it is an
empirical question—and by no means a question belonging to linguistics—
to what sort of object expressions of the form “day-person(t)” refer. And that
is a consequence I simply find incredible. It is not that I think there are no
interesting empirical questions in this area. Since it plainly is an empirical
(or, more generally, a substantial) question whether any properties of persons
are day-Projectible, there is certainly an empirical (or substantial) question
about day-persons in the vicinity. But, on the Projectibility View, one could
have as good an understanding of expressions denoting day-persons as it is
possible to have and yet have 7o idea to what sorts of objects they refer, even
whether those objects are abstract or concrete. That is the consequence that

28This view was inspired by Bromberger’s discussion in ‘Types and Tokens in Linguistics’
(Bromberger, 1992b), and is intended to be a natural generalization of his view there.
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I find simply incredible. So, while there’s an empirical question around here
somewhere, the Projectibility View misidentifies it.

3.3 IDEOLOGY, EXISTENCE, AND ABSTRACT OBJECTS

Even if there are no day-Projectible predicates that express properties of per-
sons, things might have been otherwise. Some years ago, there was a fad about
what were called ‘bio-rhythms’. Persons born on the same day were supposed
to share certain general features of their day-to-day mental and emotional
states: degrees of awareness, laxity, happiness, and so forth. Persons were, that
is, supposed to have the same bio-rhythms if they were born on the same day.
Idealizing, let us suppose that there is a detailed theory, Bio-rhythm Theory,
making more precise and enlarging upon this idea. It might have been true.
Had it been true, there would have been a great many properties of persons
that were day-Projectible. On the Projectibility View, therefore, expressions
denoting day-persons would then have denoted a certain sort of abstract®
object: They would denote structural features of a person’s mental and affect-
ive states, and these features would be shared by persons born on the same
day, just as parallel lines share a direction and as books that copy one another
share an edition.

According to the Projectibility View, then, as things are (or, at least, as we
think they are), terms of the form “day-person(a)” denote equivalence classes;
if Bio-rhythm Theory had been true, they would have denoted bio-rhythms.
But, again, I just find it implausible that the sort of object such expressions
denote should turn on the empirical question whether Bio-rhythm Theory
is true. Indeed, it is not clear to me how a proponent of the Projectibility
View could avoid saying more, namely, that, as things are, day-persons are
equivalence classes and that, were things as just imagined, day-persons would
have been bio-rhythms. And that, I take it, would be flatly incoherent: It would
amount to supposing that what are in fact equivalence classes should have been
bio-rhythms.3° I have no fixed view about whether the Projectibility View can
avoid this consequence. But it is suggestive.

29 At least, these could have been abstract. But of course one can imagine lots of ways in which
Bio-rhythm Theory might have been true, and on some of them maybe bio-rhythms would be
angels. The point does not actually matter to the argument, however, so far as I can see. There are
lots and lots of variations on this theme, so if this one doesn’t work, another one will. And, for
what it’s worth, I tend to agree with Lewis (1986, §1.7) that the abstract—concrete distinction is
not very clear, anyway. Indeed, I think the attitude towards abstracta expressed here serves to blur
the distinction even further: If I am right, then some sorts of abstracta only (fail to) exist con-
tingently, which is a stronger claim than that individual abstracta may contingently (fail to) exist.

301f that doesn’t seem so bad, then reflect upon the fact (to be noted below) that there are other
theories, incompatible with Bio-rhythm Theory, whose truth would imply that quite different
properties of persons were Projectible. Had one of those theories been true, then day-persons
would have been some other sort of object. In any event, the view that all abstracta turn out to
be equivalence classes is out of the spirit of Frege’s original proposal: That’s the view to which he
retreats in the face of the Caesar problem.
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Consider the following, slightly different version of the example. Suppose
there were some people who mistakenly believed Bio-rhythm Theory to be true
(as, indeed, many people more or less did). Our description of how the world
would have been if Bio-rhythm Theory had been true is eo ipso a description of
how those who believe that Bio-rhythm Theory is true believe the world actu-
ally to be. Thus, people who believe Bio-rhythm Theory to be true take there
to be a variety of day-Projectible properties of persons and so, by the reasoning
of the last paragraph, take themselves to refer, by means of expressions of the
form “day-person(a)”, to bio-rhythms, and so not just to equivalence classes.
How then should we describe to what they do refer? Should we say that, as a
matter of fact, they refer to equivalence classes and not to bio-rhythms?

I do not think our hypothetical speakers would or should accept such a
description of their linguistic practice. In speaking of bio-rhythms, they take
themselves to be speaking of objects of a particular kind, ones that are shared
by people born on the same day. If our hypothetical speakers were to become
convinced that nothing like the properties they think are day-Projectible ac-
tually are day-Projectible—if they were to become convinced that people do
not, in general, share anything like the properties they think they do—then
what they would say is not that bio-rhythms have turned out to be equival-
ence classes, but that the objects to which they thought they were referring,
bio-rhythms, do not exist. If this were not so, then it would be obscure why
they were no longer prepared to accept the truth of a sentence such as “the
day-person (that is, bio-rhythm) of a is lethargic”, even if everyone born on
the same day as a was, as it happened, lethargic. It is not sufficient for the
truth of that sentence, as they understand it, that everyone who happens to
have been born on the same day as a just happens to be lethargic. The truth of
such a sentence, as they understand it, depends upon the truth of Bio-rhythm
Theory (or something like it). And that is because the existence of the ob-
jects to which they purport to be referring itself depends upon the truth of
Bio-rhythm Theory (or something like it).

What I am suggesting is thus this. Instead of saying that our hypothetical
speakers think they are referring to bio-rhythms but are in fact referring to
equivalence classes, we should say that they think they are referring to bio-
rthythms and are in fact referring to nothing. 1 will return shortly to the ques-
tion why this description of the situation should be preferred. First, we need
to develop the view further.

The Projectibility View, the reader will recall, is that the sort of object to
which an expression introduced by abstraction iz fact refers is determined by
which properties of the tokens are iz fact Projectible. I have been arguing for
the last several paragraphs that this cannot be right. But it is almost right. The
right view is: The sort of object to which expressions introduced by abstraction
purport to refer is determined by what properties of the tokens users of those
expressions presume to be Projectible.
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Presume in what sense? Contrary to what is usually supposed, an under-
standing of terms introduced by abstraction is not exhausted by a grasp of the
criterion of identity for those terms. That is, abstraction principles are not, by
themselves, (always) adequate to introduce a class of expressions. We must re-
cognize a second component, which, borrowing a term from Quine, we might
call the /deology associated with the abstraction principle. The Ideology is not
a theory about the objects whose names the abstraction principle character-
izes, like Bio-rhythm Theory, but it is closely related to such a theory. The
Ideology is something like a collection of properties of the tokens that use
of the expressions introduced by the abstraction principle presupposes®! are
Projectible. So, as said, it is not that the sort of object such expressions in fact
denote is determined by what properties are in fact Projectible, but rather that
the sort of object to which these expressions purport to refer is determined by
which properties users of these expressions presuppose are Projectible.

One reason to recognize the independence of the Ideology from the ab-
straction principle with which it is associated is that there is no particular
reason that the example discussed above in connection with day-persons had
to take the form it did: Bio-rhythm Theory is only one of many theories which,
had they been true, would have assured us of the existence of day-Projectible
properties of persons. We might, instead, have considered a theory asserting
that all persons born on the same day have common physiological features, be
these gross anatomical ones or such properties as heart-rate, blood-pressure,
and the like. Had such a theory been true, it seems to me that certain sorts of
abstract objects would then have existed. On the other hand, I should want
to deny that bio-rhythms should then have existed, if for no other reason than
that it seems to me that both sorts of objects might have existed together.
What kinds of objects day-persons are supposed to be is thus connected with
the sort of properties they are supposed to have, and so with the Ideology
that is associated with them. Only if one knows the associated Ideology can
one know what kinds of objects are supposed to be denoted by the terms in
question.

I said earlier that the Projectibility View wrongly supposes that it might
be a substantial question to what sort of objects expressions of the form “day-
person(t)” refer. I also said that there was a substantial question in the vi-
cinity that had been misidentified. We can now see which question that is.
On the view being developed, the Projectibility of the properties contained in

311 think we really do want the notion of presupposition here, but I am less sure which notion
of presupposition we want. The general idea that understanding an expression of a certain type
involves accepting certain presuppositions is nowadays fairly common. The advantage to using it
here is that we do not need to modify the abstraction principles themselves. In particular, we can
still have

¢(a) = ¢(b) = Rab

and allow that this might fail to be true because use of the expressions on the left-hand presupposes
something that is not true.
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the Ideology is a necessary condition of the truth of any sentence containing
such expressions.?? There being such objects as those the introduced terms
purport to denote thus depends upon the (actual) Projectibility of the proper-
ties contained in the Ideology. So the substantial question toward which the
Projectibility View was groping is just that one: Whether zhere are any such
objects as the ones the expressions in question purport to denote.

It is hard to see how it could be an intelligible question whether names
of abstracta denote what they purport to denote. (I speak from my own ex-
perience.) Why? It is, I think, because we have tended to suppose that the
only constraint on the assignment of reference to expressions introduced by
abstraction is given by the abstraction principle itself. If so, then the only
constraint on the existence of those objects is also given by the abstraction
principle, and if there is an assignment that verifies the abstraction principle,
then that is enough to show that the types in question exist. If so, however,
then we are stuck with the proliferation problem, because it is hard to see how
any one abstraction principle could be preferred over any other. But that, in
turn, is because we miss the importance of the associated Ideology. Once it
is in place, there is an additional constraint on the sort of object to which
terms introduced by abstraction purport to refer, and there is therefore an ad-
ditional constraint on the existence of referents for those terms. In short: The
objects to which the terms refer must be ones that would not exist unless the
properties in the Ideology were in fact Projectible.

Another reason the presence of the Ideology is easily overlooked is that it is
often obvious from context what it is supposed to be. Consider, for example,
Frege’s definition of names of what he calls “orientations”: The orientation of
a plane a is the same as the orientation of a plane b if, and only if, a is par-
allel to b (Frege, 1980, §64). Immediately upon encountering this definition,
one immediately knows precisely what Frege means to be talking about: It is
obvious what sort of object an orientation is supposed to be. By contrast, few
will have discerned a conception of ‘bio-rhythms’ in the abstraction principle
introducing names of day-persons. Whence the difference? It lies in the fact
that, in the case of orientations, it is obvious what the Ideology is intended to
be. As is clear from the context of Frege’s discussion, the theory of orientations
is to be a geometrical theory; so orientations are geometrical objects.

What, then, of duds, which havent been mentioned for a while? Does
the view outlined support the intuition that there are no such objects? From
the perspective of the present view, we can only say that the question is ill-
posed: No Ideology associated with names of duds has been offered, so we
have no idea what kind of object it is on whose existence we are being asked

327This is too strong, as | have occasionally indicated parenthetically. We surely want to allow
for near misses and second chances, so it is really only something like the Projectibility of enough
predicates sufficiently like the ones contained in the Ideology that is required. We shall return to
this point.

33Special thanks to George Boolos here.
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to pronounce. The intuition that there are no such objects comes, I would
suggest, from the thought that, whatever duds are supposed to be, they are
supposed to stand to their tokens in the same sort of relation that editions,
words, and the like, stand to theirs. And what I have been suggesting is simply
that there is more to there being a relation “of that sort” between a type and
its tokens than what is captured in an abstraction principle. Bearing #har kind
of relationship to one’s tokens amounts to having properties determined by
R-Projectible properties of the tokens. And, confronted with such a peculiar
example as that of duds, we are essentially unable to imagine any sensible
Ideology that might be associated with it. And if there is no sensible Ideology,
then there are no duds, whatever sort of object they might be supposed to be.

So, to sum up, again, the view I'm suggesting has two parts. First, the
sort of object to which names introduced by abstraction purport to refer is
determined by the Ideology associated with those names; a specification of
the Ideology is as fundamental a part of the explanation of those names as the
specification of the abstraction principle itself. Second, there being any such
objects as those to which the names so introduced purport to refer depends
upon whether the properites contained in the Ideology are in fact Projectible
properties of the tokens.

Why should one accept this view? We need to distinguish two sorts of
issues here. The ontological issue concerns what we ought to say about the
various cases at which we have been looking: Whether we should say there
are no such objects as duds, but that there are editions; and, if so, whether we
should say that editions are abstract and sui generis or, instead, are just books,
equivalence classes, or what have you. There is also, however, a purely de-
scriptive problem: To give some account of the felt difference between names
of duds and day-persons, on the one hand, and names of editions, on the
other. However seriously it should be taken, there is an intuition to say, in
the former cases, either that there are no such objects or that they are ‘just’
something else. And one might want to understand the source of this intu-
ition, understand to what features of the (imagined) use of these names we are
responding, whatever one’s view about the ontological question.

So far as the descriptive problem is concerned, it seems to me that the
view I've described does get a lot of the intuitions right, in all their varied and
confusing forms. Moreover, in my experience, many people’s first response to
the suggestion that editions might be books is that, if they were, there would
be all sorts of things one could say about editions which just dont seem to
make much sense. The view on offer explains the relevance of this thought.
It isn't that no sense can be made of the claim that Die Grundlagen weighs
twelve ounces, but rather that regarding such a claim as intelligible involves
committing oneself to the copy-Projectibility of properties like weighs rwelve
ounces, contrary to obvious fact.’

347This sort of point seems to me relevant to certain sorts of examples Chomsky often mentions
when deriding semantics, examples like: John wrote a book that weighs over a pound. What is
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As concerns the ontological problem, the view’s getting these intuitions
right constitutes at least some evidence in its favor. My primary goal here has
been, as I said at the outset, not so much to argue for but simply to characterize
a view that responds, in some principled and discriminating manner, both to
the problem of trans-sortal identification and to the proliferation problem.
That the view does so is another consideration in its favor.

But once one has started to take the significance of the Ideology associated
with a given abstraction principle seriously, it is natural to start to wonder if it
is not the Ideology that is really fundamental, and so if the concentration on
abstraction principles, common to Naive Platonism and Semantic Reduction-
ism, is misplaced. Consider, for example, the case of linguistic types, such as
sentences. Discussion of linguistic objects in the literature on ontology gen-
erally supposes that linguistic tokens can unproblematically be identified as
physical entities, bits of ink or chalk, say, or disturbances in the air.?® The
problem then seems to be to identify the abstraction principle that underlies
our use of names of types. In fact, however, the question what sorts of things
sentences are is an empirical question. We have good reason to believe, for ex-
ample, that there are zwo sentences both of which are written “Flying airplanes
can be dangerous”, not one sentence that sometimes means that it can be dan-
gerous to fly airplanes and other times means that airplanes in flight may pose
a hazard. If so, then it is hard to see how tokens could be just blotches of ink or
chalk, for there is no difference between the blotches that are tokens of the one
sentence and the ones that are tokens of the other. Or perhaps the right thing
to say is just that the relation is of the same type as is not going to be explicable
in terms of anything like having the same shape, as philosophers since Frege
have often assumed, nor in terms of any other purely physical properties.>

The evidence that there are two sentences written “Flying airplanes can
be dangerous” lies deep in linguistic theory: in phenomena whose explana-
tion, given other principles that seem well supported, seems to demand such
a conception of what sentences are. What informs our conception of when we
have two sentences and when we have one is thus #he kinds of things we can
say about sentences. The Ideology here is thus not, as our earlier examples may
have led one to suppose, simply independent of the abstraction principle. On
the contrary, the Ideology shapes the abstraction principle, whose discovery is
thus an empirical enterprise, not one of « priori conceptual analysis.?”

puzzling about this example is that the book John wrote is an edition; the one that weighs over a
pound is a copy; and yet “that” seems to refer to the latter but to have as antecedent the former.

35Unhappiness with that conception surfaces from time to time, however, for example, as in
Kaplan’s (1990) paper “Words'.

36There are interesting discussions of these issues, to which I am greatly indebted, in the paper
by Bromberger (1992) mentioned earlier, and in another that he wrote with the phonologist
Morris Halle (Bromberger and Halle, 1992).

37Cognate points concerning concrete objects are made by Wiggins in Sameness and Substance
(Wiggins, 1980, 2001). Indeed, the notion of an Ideology plays a role in the present view not
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This conclusion does not really conflict with the neo-Fregean approach to
abstracta, though it does cast it in a different light. One might have thought
it did conflict with it, on the ground that Wright and Hale tend to emphasize
the idea that abstraction principles can be freely stipulated, in the sense that
someone who makes such a stipulation incurs no obligation to guarantee that
there really are objects of the sort required. Well, the view being elaborated
here is, of course, in tension with part of this view, since I am claiming that we
do not have any « priori guarantee that objects of the right sort exist. But that
observation is really intended as a friendly amendment. Wright often emphas-
izes that, in laying down an abstraction principle, we do not thereby stipulate
the existence of objects but simply the truth-conditions of certain sentences
(Wright, 2001a, 162; 2001b, 311). But it is hard to take this suggestion seri-
ously when the truth-condition of “p(a) = ¢(a)” ends up being: Raa, which
is itself guaranteed to be true in virtue of the fact that R¢n is an equivalence
relation. The view I am developing here makes space for the sort of distinction
on which Wright correctly wants to insist.

Moreover, the emphasis on free stipluation of abstraction principles is dis-
pensible. It is an artifact of idealizations Wright and Hale make, ones that
allow us to abstract away from messy questions about what the abstraction
principle for linguistic types (say) really is. To think that this idealization was
important to Wright and Hale would be to overlook a point made earlier:
The question whether the same type relation can be defined in other terms, so
central to earlier discussions of nominalism, has turned out to be a distraction.
Frege’s great insight was that our understanding of what sentence-types are is
intimately bound up with our appreciation of when we have one sentence-
type and when we have two. It does not matter whether same sentence can be
defined in a way that would be comprehensible to someone ignorant of sen-
tences, or of linguistic-types generally, and it does not matter either whether
our grasp of “same sentence” is or is not independent of our grasp of what can
be said about sentences.

What is true, however, on my view, is that an understanding of what a
sentence is does not issue simply from a grasp of when we have one sentence
and when we have two but also requires an appreciation of what sorts of things
can be said about sentences. But that, though certainly in conflict with Naive
Platonism, is not, so far as I can see, in any conflict at all with the spirit of
Frege’s position. Or so I am about to argue.

3.4 THE JULIUS CAESAR PROBLEM

As T have just been saying, the idea of accounting for our capacity to make
reference to abstract objects by means of abstraction principles has its origins
in Frege. But, in the end, Frege rejects the view that names of abstracta can

unlike that played by a ‘principle of activity’ in Wiggins’s view. I very much wish I could make
the relation between these two notions precise.
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be explained in this way, his reason being that such a view does not resolve
the Caesar problem: This explanation does not determine the truth-values of
such sentences as “the edition of a is Julius Caesar” nor, for that matter, the
truth-values of any sentences of the form “the edition of a is ¢”, unless ¢ is
itself of the form “the edition of b”. There has been little agreement, however,
about why this is supposed to be a problem, and, in closing, I would like to
explain what I take the problem to be and how the foregoing might allow us
to address it.

Frege raises the Caesar objection against a proposed answer to the famous
question of Die Grundlagen $62: “How, then, are numbers to be given to us, if
we cannot have any ideas or intuitions of them?” The proposal he considers is
that we may explain the senses of identity statements in which number-words
occur by means of an abstraction principle, namely, what I call ‘HP’: The
number of F's is the same as the number of Gs just in case the F's and G’ are
in one-one correspondence. So the view against which the Caesar objection
is offered is this: We recognize numbers as the referents of expressions of the
form “the number of F's”, and our understanding of these expressions consists
(in large part) in our grasp of HP. Frege’s objection to this view is that HP “will
not, for instance, decide for us whether [Caesar] is the same as the [number
zero]...” (Frege, 1980, §66).%8

It is generally supposed that Frege is here raising an instance of the problem
of trans-sortal identification, and in some sense that must surely be true. What
is not so widely noted, however, is that Frege takes for granted we do recognize
that Caesar is not a number. His objection is 7or that HP does not decide the
truth-values of 2// ‘mixed’ identity statements. If that were the objection, then
our intuitions about whether Caesar is a number would be irrelevant. But the
problem Frege raises is not, say, that HP does not decide whether zero is the
singleton of the null set—which, on Frege’s explicit definition, it happens to
be. Rather, the problem is that HP does not decide a question about which
he takes us to have strong intuitions: Whatever numbers may be, Caesar is
not among them. If so, then one might suppose that any complete account
of our apprehension of numbers as objects must include an account of how
we distinguish people from numbers, and Frege’s objection to HP, regarded as
constituting a complete explanation of how we apprehend numbers as objects,
is that it alone yields no such explanation. That is why Frege writes: “Naturally,
no one is going to confuse England with the direction of the Earth’s axis [or
Caesar with the number of non-self identicals]; but that is no thanks to our
definition of direction [or of Number]” (Frege, 1980, §66). So our ‘definition’
of direction or number must include more than just an abstraction principle.

I have suggested here that a full account of our understanding of expres-
sions introduced by abstraction must include an account of the Ideology asso-
ciated with those expressions, and that the wanted explanation of why people

38Note that the objection is not so much that the abstraction principle fails to decide the
truth-value of this sentence, but that it fails to give any sense to it at all.
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are not numbers can be given in terms of the Ideology. My own view, how-
ever, is that the Caesar problem is not just about trans-sortal identification.
Rather, Frege uses the Caesar problem to raise another, more semantical sort
of issue.>® HP, and other abstraction principles, are supposed to feature iden-
tity statements on their left-hand sides, and they are supposed to explain a
range of zerms: expressions that are to be treated, semantically, as purporting
to refer to objects. Only if expressions of the form “the number of F's” are
terms in this sense can our capacity to refer to numbers be explained in the
way Frege considers.

Now, if expressions of the form “the number of F's” are to be understood
as referring to objects, and if a statement of the form “the number of Fs is
the same as the number of Gs” really is an identity statement, then a complex
predicate such as “¢ is the number of Gs” must itself be a predicate that is true
or false of objects. And if HP is truly sufhicient to ground an understanding
of a class of terms purporting to refer to objects, then it must also issue in
an understanding of such predicates as being true or false of objects. To put
the point differently, if “the number of F's” is truly a semantic constituent
of “the number of Fs is the number of Gs”, then it must be replaceable by
a variable: It must be an intelligible question whether the open sentence “z
is the number of Gs” is true or false of any particular object, independently
of how that object is given to us. This is the point of Frege’s remarks about
sentences of the form “q is the direction of a”: The definition of directions
gives us no purchase whatsoever on the question whether this open sentence
is true or false of England (Frege, 1980, §66). And, indeed, it gives us no
more purchase on the question whether it is true or false of the direction of
the Earth’s axis, independently of how that object is given to us. It is only
when we imagine the object given as the direction of the Earth’s axis that we
understand the question (Frege, 1980, §67).

The reason this matters so much to Frege is that it implies that HP does not
suffice to explain the concept of cardinal number. The local point is that the
abstraction principle for directions does not suffice to explain the concept of
direction. If it did, Frege tells us, then “g is the direction of a” could explained
by distinguishing cases: If ¢ is not a direction, then the proposition is false; if it
is a direction, then it is the direction of some line, and the abstraction principle
will take over from there (Frege, 1980, §66). Another route to the same point
proceeds from the observation that the complex predicate “Jz(§ = dir(x))”
clearly defines “¢ is a direction”. So we understand this concept only if we
understand the complex predicate in question. Indeed, one might reasonably
suppose that, if the abstraction principle issues in a grasp of the concept of
direction, then it does so viz an understanding of “Jz (¢ = dir(z))”. But this
complex predicate just embeds the very context “¢ = dir(z)” that is causing

all the trouble.

39To the best of my knowledge, this point was first made by Parsons in ‘Frege’s Theory of
Number’ (Parsons, 1995).
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So we have, on the one hand, something that the abstraction principle does
not give us: an understanding of the question whether “¢ = dir(a)” is true or
false of an object, independently of how that object is given to us. And we
have, on the other hand, the fact that the abstraction principle does give us an
ability to understand the question whether the result of substituting a certain
sort of expression—one of the form “dir(¢)”—for the placeholder is true. The
contrast is thus between what we might call an ‘objectual’ understanding of
such predicates and a merely ‘substitutional’ understanding. But this issue, as
should now be apparent, is itself intimately connected with our understanding
of quantification over directions. Consider, for example, the claim that the
direction of a exists:

Fy(y = dir(a))

This too embeds the very sort of context we have been discussing. And the
question whether we are equipped with an objectual understanding of the
quantifier thus becomes the question whether we understand this sentence as
saying that there is an object that is the direction of a or merely as saying that
there is an expression—rot necessarily a term, in any real sense—whose sub-
stitution for “y” would yield a truth.“® Among the many things at issue here
is thus the question whether abstraction principles can provide for an under-
standing of objectual quantification over the range of objects whose names
they are supposed to introduce.

What I want to suggest, in closing, is that this problem—that of securing
an objectual interpretation of quantification—may actually be a form of the
proliferation problem. For note that the substitutional reading of the quan-
tifier is as available in the case of day-persons or duds as it is in the case of
directions, numbers, or editions. Indeed, it is often suggested that quantific-
ation over types should be explained in terms of quantification over tokens,
so that “Jy(y = dir(a))” would just become “3i(dir(l) = dir(a))” and so
“3I(l || a)”. But then, of course, by the same reasoning “Jy(y = dud(a))”
becomes “Id(dud(d) = dud(a)” and so “Id(Qda)”, and we are back in the
soup. We need to keep “Jz(z = dir(b))” from just reducing to “3I(l || b)”,
but it will be impossible to do so as long as the truth of “a || b” is supposed
to be wholly adequate for the truth of “dir(a) = dir(b)”. Giving some teeth
to the notion of existence is thus of a piece with securing an objectual inter-
pretation of the quantifiers: In both cases, the issue is one of making “there is
a direction...” have some force not had by “there is a line...”.

Defenders of the neo-Fregean approach to abstracta often say that the core
of their view is that, in introducing a class of expressions by abstraction, we
assume no new epistemological burden as regards the existence of referents for
those expressions: The epistemology of direction-talk is supposed to be wholly
reduced to the epistemology of line-talk and knowledge of the abstraction

40T¢’s important to remember here that the substitution class for a substitutional quantifier can
consist of almost anything, e.g., parentheses or suffixes (Kripke, 1976).
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principle that links the two sorts of discourse. I am, clearly, denying this. But
my view is simply not vulnerable to the strongest objection typically brought
against such denials, namely: The question whether there are directions makes
sense only if we know what the existence of directions involves; but the neo-
Fregean account of what it is for there to be directions has been rejected, and
no alternative has been offered (Wright, 2001a). I have said as precisely as I
can what the existence of directions and other types involves. And, in so far as
my view imposes an epistemic obligation on those who claim the existence of
directions, sentences, editions, or numbers, it is not a philosophical obligation
but a (broadly) scientific one, and it is one that can clearly be met, at least in
some cases.*!
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